
Wrapped Floer homology - Lagrangian SH



As in SH we find that d   = 0 and that the homology is 
invariant under exact deformations of (X,L).



The generators of CW are in natural 1-1 
correspondence with 

Reeb chords of Λ

Critical points of H

The grading in CW is again given by a Maslov index.



Wrapped Floer homology and linearized Legendrian 
homology.









Looking at the boundary of 1-dimensional moduli 
spaces we find that d is a differential.



Proof.

Theorem.         There is a natural chain map

which is a chain isomorphism.







This chain isomorphism also respects the action 
filtration and we find



Examples



The surgery map for wrapped Floer homology of
co-core disks.



The surgery map

Counts holomorphic disks with one positive puncture, 
two Lagrangian intersection punctures and several 
negative punctures:



Proof.

Theorem.  The map Φ is a chain map.





We then get the following version of the two copy 
complex:

As we push L   towards L   we get an interpretation 
of the low energy part of the holomorphic disks as 
Morse flow lines.



The proof of both  1) and 2) utilizes an explicit model 
of the handle that we turn to next.

We now turn to the proof that Φ is an isomorphism.

The proof has two basic steps.

1) Show that there is a natural 1-1 correspondence 
between the generators of C(L   , L  ) and generators 
of A(Λ) (as a       vector space).

2) Show that the chain map is upper triangular with 
1's on the diagonal with respect to the energy 
filtration.



Model of the handle.

We construct the model in two steps.









Proof.

Theorem.  For any A>0 there is ε   >0 such that for all 
handles of size ε < ε   there is a 1-1 correspondence 
between chords of Γ and words of chords of Λ of 
action less than A.







Observe next that the result on Reeb chords is 
independent of the attaching map and consider a 
chord with endpoints at (+1,0) and (-1,0).

To prepare for the disk counting we first flatten the 
handle making it a product near the first coordinate 
plane



We take an almost complex structure in a 
neighborhood of the corresponding Reeb chord so 
that holomorphic disks project to holomorphic disks in 
the complementary







Theorem.  

For any A > 0 there is ε  > 0 such that for all ε < ε
there is algebraically    1 disk with a chord of Γ at its 
positive puncture and with the corresponding word 
of chords at its negative punctures.



Proof.











Example.



Symplectic homology without Hamiltonian

As in the case of wrapped Floer homology we can also 
express the symplectic homology through 
holomorphic curves at infinity and Morse theory in 
the inside.



Inspired by the Morse-Bott description of SH for time 
independent Hamiltonian we fix a point p on each 
geometric Reeb orbit.









Proof.

which is a chain isomorphism.

Looking at the boundary of 1-dim moduli spaces one 
finds that d   = 0

Theorem.  There is a natural chain map








